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Abstract

Medical image segmentation is a critical task in healthcare, particularly for disease
detection and proper treatment planning. Deep learning models achieve high perfor-
mance in medical image analysis. This paper presents the effectiveness of the new
PDE-UNet architecture, inspired by the applications of partial differential equations
(PDEs) in neural networks, to enhance medical image segmentation performance. Ex-
periments were conducted on brain tumor MRI images from the BraTS2020 dataset
and compared with the traditional UNet architecture.
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1. Introduction

Artificial intelligence and deep learning models are becoming highly efficient in healthcare
[1], providing automated analysis, diagnosis, and decision support. Particularly, they demon-
strated performance in medical imaging tasks, such as segmentation, classification, and de-
tection [2].

PDEs play an important role in image processing and computer vision [3]. They have
been widely used for edge detection [4], image denoising [5], and image inpainting [6]. By
modeling continuous transformations, PDEs enable the preservation of important structures
while effectively reducing noise and improving image quality.

UNet is a convolutional neural network (CNN) architecture developed for medical image
analysis, which can be trained on relatively small datasets and achieve high performance
[7]. Today, it remains a primary tool for segmentation tasks in medical imaging. The UNet
consists of two parts: an encoder and a decoder, connected by skip connections, as shown in
Fig.

The primary goal of this study is to investigate the power of PDE-UNet in medical
image segmentation tasks, with a particular focus on brain tumor segmentation using the
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BraTS2020 dataset [8] from the MICCAI BraTS 2020 challenge. PDE-UNet proposes a
trainable preprocessing PDE-inspired convolutional block to extract important image fea-
tures before passing the input to the main segmentation network.

Fig. 1. UNet architecture.

2. Related Work

2.1 Medical Image Segmentation using Deep Learning

Deep learning has achieved significant success in medical image analysis, enabling the au-
tomation of clinical tasks such as tumor detection and lesion segmentation. Despite various
approaches, encoder-decoder architectures such as UNet have become dominant in the field,
demonstrating high performance even with small datasets.

2.2 Partial Differential Equations in Neural Networks

Due to the wide use of PDEs in image processing, they have been integrated into deep neural
networks [9] to improve feature representation, stability, and local interaction modeling [10],
as well as to preserve structural information. An example of such integration is demon-
strated in [11], where the integration of the Cahn-Hilliard PDE-based model into the UNet
architecture for image segmentation was proposed.

Recent research [12] has integrated a PDE-inspired convolutional operator, based on the
Cable equation (1), which models the transmission of potentials in neural cells of the human
brain [13], as a trainable preprocessing layer in a residual CNN for classification tasks.

τm
∂v(x, t)

∂t
= −v(x, t) + λ2

m

∂2v(x, t)

∂x2
+ rmIext(x, t), t ≥ 0, (1)

The final form of the discretized PDE operator, using the finite difference method [14]
for equation (1), is as follows.
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P1 and P2 are defined as two-dimensional weighted convolution operators for the neural
network with weights Φ, Ψ, and τ .

2.3 Motivation

While advanced architectures such as Attention UNet [15] and TransUNet [16] perform
well in medical image segmentation, they often struggle to capture fine structural details
and typically need large, annotated datasets. Motivated by previous research in image
classification, we investigate the effectiveness of PDE-UNet in medical image segmentation,
aiming to enhance feature extraction and segmentation accuracy, and recommend adding a
PDE-inspired lightweight preprocessing layer to the traditional UNet.

3. Experiments

All models were implemented in PyTorch and trained on a NVIDIA RTX 3050 GPU with
4 GB of memory. Our experiments focus on brain tumor MRI images from the BraTS2020
dataset, part of the MICCAI BraTS2020 challenge. A sample of the dataset is shown in Fig.
3. The dataset consists of multi-modal brain MRI scans, including FLAIR, T1, T1ce, and T2
modalities, with expert annotations for three tumor subregions: the enhancing tumor (ET),
tumor core (TC), and whole tumor (WT). The experiments were made on the extracted
2D slices from the volumes, using the middle slices of each modality, which still capture the
most relevant tumor structures.

Fig. 2. A sample from the BraTS dataset.

We conducted experiments on a UNet architecture, which has skip connections linking
the encoder and decoder layers. This design aligns well with our PDE-inspired convolutional
block, which also incorporates a skip connection, allowing for effective feature propagation
and preservation. In this study, the UNet architecture takes 4-channel input images cor-
responding to the FLAIR, T1, T1ce, and T2 MRI modalities. The encoder consists of
convolutional blocks with increasing feature dimensions of 32, 64, 128, and 256 channels,
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followed by a bottleneck block with 512 features. The decoder mirrors the encoder, us-
ing transposed convolutions to upsample the feature maps, and combines these with skip
connections from the corresponding encoder layers. The final 11 convolution produces four
output channels corresponding to the tumor subregions (background, ET, TC, and WT).
The proposed PDE-UNet architecture has an additional PDE-inspired block compared with
UNet. Figure 3. illustrates the UNet and PDE-UNet architectures.

Fig. 3. The UNet and PDE-UNet architectures.

For the optimization process, the Adam optimizer [17] was used with a one-cycle learning
rate scheduler [18]. As a loss function, a combo loss [19] combining the cross-entropy loss
[20] and the dice loss [21] was used to optimize the medical image segmentation model.
The cross-entropy provides stable and smooth gradient propagation, facilitating consistent
optimization, while the dice loss effectively handles class imbalance problems and improves
the segmentation of small regions.

The Cross-Entropy loss is defined as:

LCE = − 1

N

N∑
i=1

C∑
c=1

yi,c log(ŷi,c), (3)

where N is the number of pixels, C is the number of classes, yi,c is the ground-truth label
for class c at pixel i, and ŷi,c is the predicted probability for class c at pixel i.

The Dice loss is defined as:

LDice = 1− 2
∑N

i=1

∑C
c=1 yi,cŷi,c + ϵ∑N

i=1

∑C
c=1 y

2
i,c +

∑N
i=1

∑C
c=1 ŷ

2
i,c + ϵ

, (4)

where ϵ is a small constant to avoid division by zero.
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The final loss function is the sum of both

L = LCE + LDice, (5)

Training was performed for 10 epochs with a batch size of 8. The dataset was divided
into training, validation, and test sets in an 80%-10%-10% split. We applied several data
augmentation techniques to increase the diversity and robustness of our training dataset.
These techniques included random horizontal and vertical flips, rotations, affine transforma-
tions (shifts and scaling), and adjustments to brightness and contrast. Such augmentations
are commonly used in medical image segmentation tasks to reduce overfitting and improve
model generalization [22]. Model performance was evaluated using the Dice coefficient and
Intersection over Union (IoU) metrics.

4. Results

The training progress of both models, UNet and PDE-UNet, was analyzed by monitoring the
evolution of the training and validation losses. Both the baseline and the proposed models
showed steady convergence during the training process. The PDE-UNet reached a lower
validation loss compared to the standard UNet. Fig. 4. illustrates the progression of loss
for both models over epochs.

Fig. 4. Left: The training process of the UNet. Right: The training process of the proposed

PDE-UNet.

Table 1. Results of Dice coefficient and IoU metrics evaluated on the validation and test
sets for the UNet and PDE-UNet models

Model Validation Test Parameter count

Dice IoU Dice IoU

UNet 0.438 0.389 0.455 0.372 7,766,372

PDE-UNet 0.462 0.406 0.469 0.394 7,766,628

We evaluated segmentation performance using the Dice coefficient and IoU metrics. The
evaluation was performed using the checkpoint from epoch 10 for UNet and epoch 7 for
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PDE-UNet. The results are presented in Table 1. On average, the PDE-UNet achieved
higher Dice and IoU scores than the baseline UNet, confirming its potential advantage in
capturing structural details.

Fig. 5. shows segmentation outputs of both models alongside the ground truth annota-
tion for the represented case. As we can see, the PDE-UNet produces more accurate and
contiguous segmentations.

Fig. 5. The segmentation comparison between models.

It is interesting to observe how our trained PDE preprocessing block processes the images.
Fig. 6. shows its effect on the sample images.

Fig. 6. Results of applying the trained PDE block to sample images.

Overall, these results demonstrate that the PDE-UNet with a PDE-inspired convolutional
block enhances the representational power of the traditional UNet, leading to improved
segmentation accuracy on the BraTS2020 dataset while adding only a small number of
trainable parameters; therefore, the inference time of the model remains almost the same.

5. Conclusion

The paper recommends a new PDE-UNet architecture for medical image segmentation
tasks. Motivated by previous research presenting a PDE-inspired preprocessing block, the
recommended architecture includes an additional PDE block compared to the traditional
UNet. The experiments were conducted on brain tumor segmentation using the BraTS2020
dataset. A comparative evaluation between PDE-UNet and the UNet demonstrates that the
lightweight preprocessing block added to a PDE-UNet, with a few additional parameters,
can positively impact the final segmentation quality, improving the UNet models. For future
work, it would be interesting to extend the proposed block’s investigation to other medical
image analysis applications.
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´ÅßÏ³Ï³Ý å³ïÏ»ñÝ»ñÇ ë»·Ù»Ýï³óÇ³Ý Ï³ñ¨áñ³·áõÛÝ ËÝ¹Çñ ¿ ³éáÕç³å³ÑáõÃÛ³Ý
áÉáñïáõÙ, Ù³ëÝ³íáñ³å»ë ÑÇí³Ý¹áõÃÛáõÝÝ»ñÇ Ñ³ÛïÝ³µ»ñÙ³Ý ¨ µáõÅÙ³Ý å³ïß³×
åÉ³Ý³íáñÙ³Ý Ñ³Ù³ñ: ÊáñÁ áõëáõóÙ³Ý Ùá¹»ÉÝ»ñÁ µ³ñÓñ ³ñ¹ÛáõÝùÝ»ñÇ »Ý Ñ³ëÝáõÙ
µÅßÏ³Ï³Ý å³ïÏ»ñÇ í»ñÉáõÍáõÃÛ³Ý Ù»ç: ²Ûë Ñá¹í³ÍÁ Ý»ñÏ³Û³óÝáõÙ ¿ Ýáñ PDE-
UNet ×³ñï³ñ³å»ïáõÃÛ³Ý ³ñ¹ÛáõÝ³í»ïáõÃÛáõÝÁ, áñÁ á·»ßÝãí³Í ¿ Ý»ÛñáÝ³ÛÇÝ
ó³Ýó»ñáõÙ Ù³ëÝ³ÏÇ ¹Çý»ñ»ÝóÇ³É Ñ³í³ë³ñáõÙÝ»ñÇ (Ø¸Ð) ÏÇñ³éáõÃÛáõÝÝ»ñáí,
µÅßÏ³Ï³Ý å³ïÏ»ñÇ ë»·Ù»Ýï³óÇ³ÛÇ ³ñ¹ÛáõÝ³í»ïáõÃÛáõÝÁ µ³ñ»É³í»Éáõ Ñ³Ù³ñ:
öáñÓ³ñÏáõÙÝ»ñÁ Ï³ï³ñí»É »Ý BraTS2020 ïíÛ³ÉÝ»ñÇ Ñ³í³ù³ÍáõÇó í»ñóí³Í
áõÕ»ÕÇ áõéáõóùÇ Øèî å³ïÏ»ñÝ»ñÇ íñ³ ¨ Ñ³Ù»Ù³ïí»É »Ý ³í³Ý¹³Ï³Ý UNet
×³ñï³ñ³å»ïáõÃÛ³Ý Ñ»ï:
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´³Ý³ÉÇ µ³é»ñ` µÅßÏ³Ï³Ý å³ïÏ»ñÝ»ñÇ ë»·Ù»Ýï³óÇ³, áõÕ»ÕÇ áõéáõóùÇ ë»·Ù»Ýï³-
óÇ³, UNet, PDE-áí á·»ßÝãí³Í CNN µÉáÏ, MICCAI BraTS 2020 Ù³ñï³Ññ³í»ñ:

PDE-UNet: Ìîäèôèöèðîâàííàÿ àðõèòåêòóðà UNet,
ïðèìåíÿåìà äëÿ ñåãìåíòàöèè ìåäèöèíñêèõ

èçîáðàæåíèé
Ðàôàýëü Ì. Âåçèðÿí

Èíñòèòóò ïðîáëåì èíôîðìàòèêè è àâòîìàòèçàöèè ÍÀÍ ÐÀ, Åðåâàí, Àðìåíèÿ
e-mail: rafaelveziryan@gmail.com

Àííîòàöèÿ

Ñåãìåíòàöèÿ ìåäèöèíñêèõ èçîáðàæåíèé êðèòè÷åñêè âàæíàÿ çàäà÷à â
çäðàâîîõðàíåíèè, îñîáåííî äëÿ äèàãíîñòèêè çàáîëåâàíèé è ïëàíèðîâàíèÿ
íàäëåæàùåãî ëå÷åíèÿ. Ìîäåëè ãëóáîêîãî îáó÷åíèÿ äîñòèãàþò âûñîêîé
ýôôåêòèâíîñòè ïðè àíàëèçå ìåäèöèíñêèõ èçîáðàæåíèé. Â äàííîé ñòàòüå
ïðåäñòàâëåíà ýôôåêòèâíîñòü íîâîé àðõèòåêòóðû PDE-UNet, îñíîâàííîé íà
ïðèìåíåíèè óðàâíåíèé â ÷àñòíûõ ïðîèçâîäíûõ (Ó×Ï) â íåéðîííûõ ñåòÿõ,
äëÿ ïîâûøåíèÿ ýôôåêòèâíîñòè ñåãìåíòàöèè ìåäèöèíñêèõ èçîáðàæåíèé.
Ýêñïåðèìåíòû ïðîâîäèëèñü íà ÌÐÒ-èçîáðàæåíèÿõ îïóõîëåé ãîëîâíîãî ìîçãà èç
íàáîðà äàííûõ BraTS2020 è ñðàâíèâàëèñü ñ òðàäèöèîííîé àðõèòåêòóðîé UNet.

Êëþ÷åâûå ñëîâà: ñåãìåíòàöèÿ ìåäèöèíñêèõ èçîáðàæåíèé, ñåãìåíòàöèÿ
îïóõîëåé ãîëîâíîãî ìîçãà, UNet, áëîê CNN íà îñíîâå PDE, êîíêóðñ MICCAI
BraTS 2020.
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